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Abstract—We present the computation of receiver noise tem-
perature which includes the effects of mutual coupling of two
different radio telescopes deployed in the Murchison Radio-
astronomy Observatory, namely the Murchison Widefield Array
and the prototype Engineering Development Array. We used
three different formulations that only require information of
measured noise parameters of the low noise amplifier as used
in the radio telescope and simulated S-parameter of the array
to perform the calculation. In addition, we show convergence
in computed receiver noise temperature for various pointing
angles and array configurations (uniform and pseudo-random)
that indicate agreement with existing literature.

Index Terms—Aperture arrays, Radio Telescope, Mutual cou-
pling, Noise receiver temperature, Radio astronomy.

I. INTRODUCTION

Being able to predict the receiver noise temperature of a

radio telescope is important for determining the system per-

formance. This information is used to compute the sensitivity

(A/T ) which is one of the key performance metric given by

[1]

Ae

Tsys
=

Ae

ηradText + (1− ηrad)Ta + Trcv
(1)

where Ae is the effective area, Tsys is the system temperature,

ηrad is the radiation effiency, Text is the antenna temperature

due to sky, Ta is the ambient temperature and Trcv is the

receiver noise temperature.

In this paper, we are interested in the calculation of the

receiver noise temperature. This calculation can be challenging

to compute as the complexity increases due to mutual coupling

when compared to a single element calculation. While it can

be seen in [2], [3] that the receiver noise temperature can be

extracted from astronomical observations but it requires that

the telescope to be built and fully functional to be able to

utilize such techniques. It is preferable to be able to predict

receiver noise temperature ahead to time.

As it will be shown in Sect. II, the only information required

for such calculation is the measured noise correlation matrix

of the low noise amplifier (LNA) and the S-parameter of the

array. The formulations used are based on existing literature

[4]–[6], which uses different approaches to evaluate the re-

ceiver temperature. We will be implementing three separate

methods to check the convergence between them.

Following noise extraction of a low noise amplifier (LNA)

as utilized by the Murchision Widefield Array (MWA) [7],

[8] seen in [9], we now aim to compute the receiver noise

temperature of MWA, which is a uniform array, and Engineer-

ing Development Array (EDA) [3], which is a pseudo-random

array using existing formulations which accounts for mutual

coupling.
Section II will briefly touch upon key equations used

followed by comparison of results in Section III. Concluding

remarks will be presented in Section IV.

II. EXISTING METHODS

A. Method 1
The analysis of total coupled noise waves to the output of

the array follows [4]. To illustrate the overall path taken by

the noise waves, we use a two-element array as shown in Fig.

1.
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Fig. 1. Coupling path of internal noise sources for a two-element array.
The output referred receiver noise temperature consists of reflected wave cr1,
coupled wave to neighbouring element c′1 and noise wave c2 emanating from
the output of the receiver. While not shown, similar coupling paths occur at
the lower branch.

The total noise power at the output of the summer due to

internal sources alone is given by

P out
int = |S21|2〈|c1|2〉w(I− SantS11)

−1

Sant
(
Sant

)H
(I− SantS11)

−HwH

+ 2R{S21〈c1c∗2〉w(I− SantS11)
−1SantwH}

+ 〈|c2|2〉wwH

(2)



where w = [w1 . . . wn] is the complex weighting vector, Smn

are the S-parameters of the LNA, Sant is the S-parameter

matrix of the antenna array, I is an identity matrix, 〈|c1|2〉,
〈c1c∗2〉 and 〈|c2|2〉 are the noise correlation terms of the

LNA. The superscripts .H and .∗ represents the Hermitian and

complex conjugate operator respectively.

It can be shown that for a two-element array, (2) produces

the exact output power expression seen in Fig. 1. The available

gain of an array is given by [4]

GA =

m=1∑

M

1− |ζΓs,m|2
|1− Γs,mS11|2 |S21wm|2|1 + Γs,mS11κm|2

ζ =
1 + κm

1 + Γs,mS11κm

Γs,m = rowm{(I− SantS)−1Sant
n }

(3)

where Sant
n = [Sant

1,n . . . Sant
M,n]

T , S = S11(I−Jn,n)
1 and Γs,m

is the reflection coefficient of the embedded element. κm is a

ratio of the total coupled noise wave at the output of adjacent

branches with respect its self-reflected 〈c1〉 wave at the output

of the mth branch.

B. Method 2

Fig. 2. Circuit representation of input referred voltage and current noise
source. The is and Ys are parts of the Norton equivalent circuit of the source
attached to the network.

Trcv can be determined by using equivalent voltage and

current noise sources using the expression [5]

Trcv =
1

4k

wQRQHwH

wQR{ZA}QHwH
(4)

Q = Z11 (Z11I− ZA)
−1

(5)

R = V2
n,R + ZAYcV

2
n,R +V2

n,RY
H
c ZH

A + ZAI
2
n,RZ

H
A (6)

where Z11 is the input impedance of the LNA, ZA is the

impedance matrix of the mutually coupled elements, V2
n,R,

I2n,R and Yc are diagonal matrices of squared noise voltage

densities, squared noise current densities and correlation ad-

mittance of the LNA.

The noise parameters of the LNA can be converted into an

input referred noise voltage and current sources as shown in

Fig. 2 and the relationship between the two can be found in

[10].

1Jn,n represents a single-entry matrix at row n, column n

C. Method 3

Using a more general multiport approach found in [6] we

can compute the outgoing receiver noise power (see Fig. 1)

using

Pout
int = wMN̂MHwH (7)

M =
[
1− SLNASload

]−1
(8)

where Pout
int is a matrix containing the outgoing noise power

at each port, N̂ is the noise correlation matrix of the multiport

amplifier, M accounts for the mismatches in impedance, SLNA

is the S-parameters of the multiport amplifier and Sload is

the S-parameters of the combined source and load network

attached to the multiport amplifier.

The contribution of external noise is calculated using

Pout
ext = wMSLNAA

(
SLNA

)H
MHwH (9)

(10)

where A contains the incident noise correlation matrix due to

external sources.

Finally, the receiver noise temperature is given by

Trcv =
Pout

int

Pout
ext

T0 (11)

III. RESULTS

We simulated an MWA tile (16 element) and the 256

element array (EDA) using an electromagnetic simulation

package called FEKO to obtain the S-parameter of the array.

We then apply the various Trcv formulations presented in Sect.

II using the measured noise parameters and S-parameters of

the LNA previously measured in [9].
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Fig. 3. Comparison of MWA receiver noise temperatures computed using
various methods over two separate pointing. The legend gp0 and gp97
represents a pointing direction of φ = 90◦, θ = 0◦ and φ = 45◦, θ = 42◦
respectively.

Fig. 3 and 4 shows the calculated receiver noise temperature

using three different methods of the MWA and EDA. We
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Fig. 4. Comparison of EDA receiver noise temperatures computed using
various methods over two separate pointing. The legend gp177 represents a
pointing direction of φ = 66.8◦, θ = 64.5◦.

note that all three different methods presented converges for

various pointing direction and array configurations (uniform

and pseudo-random configuration) which indicated agreement

in current literature of computing receiver noise temperature.

IV. CONCLUSION

We demonstrated the ability to compute the receiver noise

temperature of MWA and EDA based on the simulated S-

parameter of the array and measured noise parameters of an

MWA LNA at various pointing angle. In addition, we showed

that the three different formulations found in current literature

for computing receiver noise temperature converges.

Based on the work presented, we showed that receiver noise

temperature of a radio telescope can be computed ahead of

time without requiring the array to be built and can be used for

characterizing future generation telescopes such as the Square

Kilometre Array (SKA) [11].
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